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OBSTACLES I THE ATMOSPHERE UNDER ICING CONDITIONS

By Herman H. Lowell

SUMMARY

When a closed body or a duct envelope moves through the atmosphere,
alr pressure and temperature rises occur ahead of the body-or, under ram
conditions, within the duct. If cloud water droplets are encountered,
droplet evaporation will result because of the air-temperature rise and
the relative velocity between the droplet and stagnating air. It is
shown that the solution of the steady-state psychrometric equation pro-
vides evaporation rates which are the maximumm possible when droplets are
entrained in eir moving along stagnation lines under such conditions,.
Calculations are made for a wide variety of water droplet diameters,
anblent conditions, and f£flight Mach numbers. Droplet diameter, body

.8lze, and Mach number effects are found to predominate, whereas wide

variation in ambient conditions are of relatively small significance in
the determination of evaporation rates.

The results are essentially exact for the case of movement of drop-
lets having dlemeters smaller than gbout 30 microns along relatively long
ducts (length at least several feet) or toward large obstacles (wings),
since disequilibrium effects are then of little significance. Mass losses
in the case of movement within ducts will often be significant fractioms
(one-fifth to one-half) of original droplet masses, while very small drop-
lets within ducts will often disappear even though the entraining air is
not fully stagnated. Wing-approach evaporation losses will usually be of
the order of several percent of original droplet masses.

Two numerical exsmples are given of the determination of local evap-
oration rates and total mass losses in cases involving cloud droplets
approaching circular cylinders along stagnation lines. The cylinders
chosen were of 3.95-inch (10.0+ cm) diameter and 39.5-inch {100+ cm)
diameter. The smaller is representative of icing-rate measurement cylin-
ders, while with the larger will be associated an air-flow field similar
to that ahead of an airfoil having a leading-edge radius comparable with
that of the cylinder. It is found that the losses are less than 5 per-
cent. Tt is concluded that such losses are, in general, very small
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(less than 1 percent) in the case of smaller obstacles (of icing-rate-
measurement-cylinder size); the motional dynamics are such, however, that
exceptions will occur by reason of failure of very small droplets (moving
along stagnation lines) to impinge upon obstacle surfaces. In such
cases, the droplets will evaporate completely.

INTRODUCTION

Several studies (for example, refs. 1, 2, and 3) haye recently been
made of trajectories of water droplets entrained in atmospheric air
approaching wings or liquid-water-content measurement cylinders. In
these trajectory studies it has been assumed that the droplet shape and
mass remain unchanged despite possibilities of deformation and evapora-
tion arising in connection with the presence of local compressible flow
flelds in the vicinlty of wing or cylinder. In such fields, air temper-
atures and pressures are no longer those of the undisturbed stream.
Moreover, the droplet acquires, in general, a velocity with respect to
the disturbed air.

In view of the air temperature and pressure changes that occur and
the existence of an air-droplet relative velocity, it appeared desirable
to determine the magnitudes of evaporation mass losses occurring in the
vicinity of obstacles or within ducts. The assumption that the droplet
remains spherical was retained.

The general litersture in the field of evaporation from droplets is
extensive, but few studies of the particular problem of droplets approach-
ing obstacle under icing conditions have been made. Both Hardy (ref. 4)
and Langmuir (ref. 5) have considered certain aspects of the question;
both analyses took Into account the fact that the droplet will not, in
general, be in instantaneous psychrometric equilibrium with its surround-
ings. In both cases, the conclusion was reached that total evaporative
losses from droplets ectuslly reaching obstacle surfaces are of the order
of several percent for the particular sets of conditions of their analy-
ses. In both investigations, however, the ranges of droplet size, air
temperature and pressure, body size, and flight Mach number were rather
restricted.

A complete treatment of the problem would require:

(1) use of the equations of motion of a droplet of liquid in a (com-
pressible) gas, the equations to take into account in some way changes of
drag coefficient with Mach number;

(2) use of the equations governing the dynamic thermal behavior of
a volatile sphere under quite general conditions of changing heat and
mass-transfer rate including, in some instances, radiation effects; and
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(3) coverage of wide ranges of obstacle size and shape, droplet
slze, flight Mach number, end flight ambient air conditions.

The unavailsblility of a suitable high-speed calculator made it

necessary, however, to restrict in some menner the scope of the calcula-
tions,

Since the subject of droplet evaporation, insofar as aircraft are
concerned, is of interest chiefly in connection with icing, radiation
effects could be ignored (since all temperature levels involved are low).

Further, it was decided to consider that a droplet remains in in-
stantaneous psychrometric equilibrium with its immediate surroundings,
and its internal temperature was to be taken as wniform. Certain quanti-
tative aspects of this agsumption are scrutinized in the body of the re-
port and in appendix B; a qualitative Justification of the procedure is,
however, given here.

If evaporation occurs at all, it will occur principally as a result
of a droplet temperature rise, with which a droplet-surface vapor-pressure
rise will be concomitant. Therefore, maximum evaporation rates will occur,
in virtually all cases, in the vicinities of body stagnation points. I,
now, bodies and flight conditions (wing attitudes, for exemple) are con-
sidered such that air flows in the vicinities of stagnation points are
essentlally symmetrical sbout such points, then the trajectory of a drop-
let originally on a stagnation line will essentially coincide with the

" line. For the sake of simplicity, then, let attention be confined to

histories of droplets moving along such lines. Air temperature and pres-~
sure will rise monotonically. The droplet instantaneous position will
always be ahead of that of the air with which, at an arbitrary previous
time, it was in contact, although a quasi-static mass-transfer analysis
does not demand such motion. More importantly, with or without evapora.-
tion the interior droplet temperature will always lag behind the rising
surface temperature, and both the mean droplet temperature and the sur-
face temperature will always be less than the local equilibrium (psychro-
metric) value; all droplet temperatures will rise monotonically. It is
possible to conclude that both the acusl local time rate of evaporation
and the actual total loss of liquld will be less than those calculated
on the basis of psychrometric calculations in the case of stagnation
streamline droplet motion. It therefore follows that the present quasi-
static calculations set upper bounds to the loss rates and total losses
for motion alohg stagnation lines.

Finally, evaporative losses off stagnation streamlines will in gen-
eral be less than stagnation-streamline values because of the fact that
maximum temperature rises occur along the latter.

Accordingly, it is proper to consider that psychrometric-equilibrium
calculations esteblish limiting local (and, when integrated, total) losses
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which are pever exceeded in real situations. Moreover, the results
apply without change to the histories of small droplets moving within
long ducts or toward large obstacles.

Since the calculations of mass losses are made under the assumption
of the existence of successive Instantaneous psychrometric-equilibrium
states, 1t i1s desirable that the degree of quantitative applicability of
that procedure be ascertainable in any given case. In the section of
the report entitled Response of Sphere to Changes of Environmental Tem-
perature, two perameters are mentioned by the use of which it is possible
to assess In a rough manner the degree to which such equilibrium assump-
tion calculations lead to values concordant with mass-loss rates which
would be obtained in the case of more rigorous calculations. The expres-
sions determining the magnitudes of the two parameters are derived in
appendix B, All symbols used are defined in appendix A.

The detailed calculation procedure used to obtain the masss-loss
rates themselves is presented in the section of the report entitled
EVAPORATTION CALCULATIONS.

The results and possible applications are then discussed; two numer-
ical examples are given. All symbols used are defined in appendix A.

General Considerstions

The assumption that instantaneous local psychrometric equilibrium
exists between droplet and atmosphere eliminates dependency of calcu-
lated local loss rate upon previous droplet history. This is true be-
cause local droplet calculated temperatures then depend only upon in-
stantaneous local conditions.

When that assumption is made, calculations of maximum possible total
mass losses in actual physical situations may be made in the following
manner :

Droplet mass-loss rates for reasonsble combinations of droplet size,
local ambient (relative) conditions, and relative alr-droplet speed are
calculated; the details of the procedure are given in the section en-
titled EVAPORATION CALCULATIONS.

The variations of air speed, temperature, and pressure along the
forward stagnation line are obtained in some- manner for the particular
physical situation of interest.

The motional history of a droplet of the size for which the calcula-
tions are being made is then obtained for the case of motion essentially
along the stagnation line; this was accomplished by the use of a differ-
ential analyzer or by the use of some numerical technique. The local
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rates of evaporation were then obtalned simply by interpolating among
the results of the generalized evaporation calculations at reasonsble
intervals; the tacit additional assumptlon 1s made here that the over-
ell mass loss will be small, so that constancy of droplet size may be
assumed to a sufficiently high degree of approximation in meking a cal-
culation of local mass-loss rate.

Finally, the over-all mass loss is obtained by adding the small loss
increments corresponding to the selected droplet path increments., If
the over-all loss is greater than, say, 10 percent, the decrease of drop-
let slze can easily be taken into account.

RESPONSE (F SPHERE TO CHANGES (F ENVIRONMENTAI. TEMPERATURE

It has been found practicable, in the calculations made in connec-
tion with the present study, to cover wide ranges of the several variables
involved only because droplet intermnal temperature uniformity and psychro-
metric equilibrium with the environment were assumed. These assumptions
greatly simplified the calculations while at the same time permitting
conclusions to be reached as to limiting evaeporation rates in real situa-
tions,

It was considered desirsble, however, to attempt to establish cri-
teria whereby the degree of departure of equilibrium values of droplet
temperature and evaporation rate from actual values could be estimated.
While precisely this goal was not attained, criteris were established
which serve to determine what might be designated the "degree of invalid-
1ty" of the basic equilibrium assumptions.

The criteria themselves are derived in outline form and are discussed
in appendix B. It is sufficient here to mention that three variables are
of limportance in this connection. Two of these are the times required for
8. sphere to respond to sudden surface and to environmental changes of
temperature. The third variable is the "approach period", which is erbi-
trarily teken as the period required for the droplet, moving at a speed
equal to the relstive air-obstacle free-stream speed, to move through an
approach distance equal to & principal transverse dimension of the ob-
stacle. At the latter distance upstream of the stagnation point, the
alr-flow characteristics, while still substantially those of the free
stream, will have departed by easlly measurable fractions from those of
the free stream. For example, the stream-obstacle relative Mach number,
for a free-stream Mach number of 0.75, is 0.74 at a distance of one
radius from a cylinder surface. It follows that the approach period, as
here defined, represents in approximate fashion the time during which
most of the change of effective droplet environment occurs as the drop-
let approaches the obstacle..
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The two parameters which then determine the degree of invalidity of
a quasi-static treatment are any two among the following three: Ratio
of internal to external sphere time constant (for response to a sudden
surface or environment change, respectively), ratio of internal time con-
stant to approach period, and ratio of external time constant to epproach
period.

In general, if both the ratios of time constant to approach period
are small, a guasi-static (psychrometric-equilibrium, uniform internal
sphere temperature) analysis is quantitatively exact. In all other cases,
as indicated in appendix B, the situation is complex and does not resad-
ily yield to any simple analysis.

In particular, a quasi-static analysis is exact in the case of the
approach of smaller droplets (below about 30 microns diameter) to large
obstacles (wings) or motion of such droplets within ducts at least sev-
eral feet in length. In the case of the long duct, in which, except for
a8 region near the mouth, conditions are uniform, total evaporation losses
are obtainsble directly from the results of calculations made in connec-
tion with the present study, as indicated in the section entitled RESULTS
AND DISCUSSION.

EVAPORATION CALCULATIORS

The basic numerical result required in these studies was the rate
of loss of mass of a water droplet of a particular size moving at a pre-
scribed Mach number wilth respect to air characterized by a specified de-
celeration from the original free-stream flight speed and by the free-
stream temperature and pressure.

As discussed previously, it was assumed that the droplet remained
in instantaneous psychrometric equilibrium with its effective environ-
ment; the effective environment consisted of the mixture of air and water
vapor the local apparent temperature and pressure of which, with respect
to the droplet, were assumed to be altered from the true local (static)
velues by the motion of the droplet with respect to the air. The quanti-
tative nature of the assumed changes is discussed subsequently.

In outline form, the calculation scheme was the following:

Ambient static air temperature Tst,av ambient static air pressure
(inclusive of water vapor Pst,a)’ and flight Mach number M, were

agsumed. A deceleration of the air (fig. 1) to a selected relative air-
obstacle Mach number Mp was then assumed, and the increased local air-

plus-water-vapor static temperatures and pressures were computed; the
change was assumed adisbatic and isentropic. The effective air and
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water-vapor temperature and pressures, on the basis of a given air-
droplet relative Mach number M., were then calculated.

It was then possible to compute a local relative air-droplet Reynolds
number Re,., from which heat- and mess-transfer coefficients were ob-
tained.

By using two temperature-range overlepping quadratic approximations
for the vapor pressure of water as substitutes for the more accurate ex-
ponential expression, it became possible at this point to obtain, begin-
ning with the psychrometric (heat-balance) equation, a gquadratic equation
in the droplet temperature and other quantities. This equation was then
solved for the droplet temperature; the procedure avoids the iterative
calculations otherwise required. The computed mass-transfer coefficilent
and droplet vapor pressure were then used to obtein the required rates
of evaporation.

The significant steps of the calculation are given hereinafter with
appropriate explanations of symbol meanings and origins of relestions
vwhere those are not immediately obvious; the fundemental relation is the
psychrometric equation

(ta,e,7 - ta,s)bn = My(Pa,s - Pa,e,1) (1)

which indicates that the droplet temperature assumed a value such that
as much heat i1s removed in unit time by evaporation as is supplied by
free or forced convective heat-transfer processes.

The initial steps are required to determine the effective tempera-
ture, air pressure, and vapor pressure of the local environment with re-
spect to the droplet.

The static temperature at the instantaneous droplet position (here-
after identified as local) is a function of the air-obstacle relative
total temperature and the local air-obstacle relative Mach number:

The mean effective temperature of the environment with respect to
the entire droplet 1s then calculated from the local static temperature
and the droplet-air relative Mach number:

Ta,e,1 = Tat,y (1 + 0.16 MZ)
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Note that a recovery coefficient of 0.8 is used; this is no more than
a representative average figure based on meny date reported in the liter-

ature.

Implicit in this relation is the concept that the laws governing
events occurring at the forward position of the sphere may be applied
with little error to the entire sphere. Fortunately, the Reynolds num-
ber regime (0—> 1000) of interest is.precisely that in which, for most
smooth, regularly shaped bodies, heat losses and mass-transfer rates are
much greater over the forward portions of the bodies than over the rear
(unpublished interferometric research performed by E. R. G. Eckert at
Wright Field indicating that, in the Reynolds number range 24.5<Re <605,
front-to-back local Nusselt number ratios are of the order of 3 or 5
to 1; see also refs. 6 and 7). It is therefore permissible to apply the
law of variation (of the particular quantity under consideration) for the
forward portion to the entire body, although the absolute level (for ex-
ample, of a heat-transfer coefficient) will be determined by an experiment
involving the whole body at some typical Reynolds number.

2734

Insofar as temperature effects are concerned, there will of course
be some heat conduction from the front to the rear, but the fact that the
film resistance is much higher in the rear will ensure attainment of
essentially front-surface effective temperatures.

The local air-droplet relative total pressure is used in the calcu-
lation of air-droplet relative Reynolds numbers, and the relative total
vapor pressure in the calculation of sir-droplet relative vapor pres-
sure. The reason for this, apart from the fact that little evaporation
occurs over the rear portion of the droplet, is that it is shown in ref-
erences 8 (fig. 8) and 9 (table IV, fig. 3) that at Reynolds numbers be-
low about 50 the pressure in the vicinity of the forward stagnation point
is substantially higher than "total".

Emphasis is placed on the low Reynolds numbers regime because air-
droplet relative Reynolds numbers will, generally, be small for the
smaller (say, below 20 microns) droplets, while evaporation rates will
be highest for such droplets.

Accordingly, a rough average pressure for the front surface is the
total pressure; the final results, in any case, are not critically de-

pendent upon the nature of the laws of pressure variation assumed in
these calculations.

The local air-droplet relative total pressure is given by

(1 + 0.2 M3)7/2 (1 + 0.2 M2)7/2
(1 +o0.2 M§)7/z

Pe,'l.,r T Tst,e
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In the calculation of effective local water vapor pressure, it is
first necessary to determine the original (static, free-stream) vapor
pressure, elther complete or 90-percent saturation being assumed.

While 1t is necessary only to consult a table of values to deter-
mine the vepor pressure in question, it was decided that the quadratic
relations used subsequently to calculate the saturation vepor presswure
at the droplet surface should also be used in other vapor-pressure cal-
culations so as to avold the small inconsistencies which would otherwise
arise,

The vapor pressure in the free stream is given by

2
Pae = o(6136 + 438.7 tst,w-F 10.69 tst,c) (2a)
for
-15°< ¢ <15° ¢
st ,®
and
b, _ = (5288 + 287.7 ¢ + 4.3047 £2, ) (2b)
d,» ) 8t,e ) st
for
(o] (o]
-30° C < tgy o <-8° C

These relations yield epproximately correct values of vapor pres-
sure over the intervals indicated. The accuracy of the second equation
is higher over the common interval -15° C—» -8° C; the errors at var-
ious temperatures are listed in teble I (for the case o = 1). The
accepted figures were taken from reference 10.

Although neither of the two vepor pressure - temperature relations
used is accurate sbove 15° C, the first one given was used for droplet
temperature calculations for droplet temperatures as high as 25° C; the
results are merely qualitative in the range 15° to 25° C, but are re-
tained for the sake of completeness.,

In the calculation of effective local ambient vapor pressure, the
assumptions are made that the ratio of vepar to air pressure remains
constant and that y for a mixture of water vapor and air is essentially
1.4,

In connection with the calculation of droplet-air relative Reynolds
number, a temperature at which the viscosity is to be evaluated must be
selected. The droplet-alr relative total temperature
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(1 + 0.2 M2)

T =T
a,6,1  "de,0 (1 4+ 0.16 ME)

was selected for that purpose in the earlier stages of the work and sub-
sequently retained for the sake of consistency despite the fact that use
of a relative total temperature cannot be Justified. The meximum d4if-
ference between the relative total and relative effective temperatures,
however, occurs at M. = 0.75 (an unusually high figure) and is ~5° ¢.

The difference between the viscosgities corresponding to the two temper-
atures is then ~1.5 percent, while for M, values below 0.5 the dif-

ference is negligible. Since the viscosity is used only to calculate a
droplet-alr relative Reynolds number, the effect of any such difference
is virtuslly undetectable.

The droplet-air relative Reynolds number 1s given by the expression

Rer = ZDStZZ rdVI‘
He
which is, accordingly, & Reynolds number based upon local static air

density, droplet diameter, relative air-droplet speed, and viscosity at
Td,t,l' The viscosity, to avoid irregularities resulting from the use

of tabulated experimental values, was obtained from the expression

i (poise) = 1076 [172.81 + 0.48721t - 0.0004932 +2 + 9.33x10"7 +3]

The reletlion given subsequently between the Nusselt number for heat
transfer and the Reynolds number is besed primarily on the survey made
by Williams (ref. 11). A Prandtl number of 0.73 was used in the calcu-
lations. The exponent 0.63393 was selected, in part, because it had pre-
viously been found that the drag, coefficient of a sphere is given quite
accurately over the range O < Re £ 800 by & relation in which that
exponent appears; 1t had therefore been possible, by using that exponent
for the heat-transfer equation, to save effort in certain calculations.
The expresslon fits the experimental data well over the range
0 < Re < 10%.

Nu, = 2.000 + 0.2464 Prl/3 Re0-6395

It should be noted that the assumption has been made, in connection
with the expressions for the heat-transfer Nusselt mumber just given and
for the mass-transfer Nusselt number given later, that heat- and mass-
transfer processes do not affect each other (except for the establish-
ment of the psychrometric temperature). Otherwise stated, the assumption

yeLe
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is made that the presence of water vapor in the sphere boundary layer
does not affect either the inert gas (air) properties or the eddy diffu-
sivity and thermal conductivity. While it is believed that this assump-
tion is valid at low air temperatures and (in particula.r) at low rates
of evaporation, evidence exists tending to invalidate the assumption
under other conditions (ref. 12).

The Nusselt nunber for mass transfer subsequently is somewhat less
familiar than Nw, ; it is defined as (hde/kf ,m)’ where h, 1s the

mass-transfer coefficient in cm™2 sec™t (dyne cm’z)’l and k; is the
mass-transfer "conductivity" defined as (pB/Pg)HMg/My). In the latter,
p 1is the effective medium density, B the diffusion coefficient of the

pair of substences, and P, a local mean particle pressure of the gas
into which the diffusing materiel is passing (in this case, dry air).
Nu, = 2.000 + 0.330 ReQ-%6

The coefficient 0.330 is actually the product of the constant 0.39
and of the selected value of the one-third power of the Schmidt number
(0.605) in the expression:

Nu_ = 2.000 + 0.39 sel/3 Reg-56

The exponent of this relation is that of Williams (ref. 11), while the
constant was selected to ensure good fit over the range 0O <Re < 3000,
It will be noted that Williams' data are plotted in terms of the Colburn
parsmeter J,, which is defined as follows (note: ke o= (Bpa/Pa) (Md/Ma));

= St_ 5c2/3
() ()s)
@_% @%) <pz7§fﬁ/§asz7§> (G:D>

Nu Re-l o2} i -Dfii M—a
m Py 02/3 [1/3 a2/3 Mg J\ Mg

1/3

C
|

Nu, Re"l Sc”
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It therefore follows that Nusselt numbers of mass transfer are obtain-
able from Williams' (and similar) data by multiplying the Jm values
by Re Scl/3. Heat -transfer data published .since 1942 agree reasonably
well with the present empirical equation used herein; mass-transfer data
exhibit greater scatter.

It is possible to select a fixed value of Schmidt number because
the latter varies rather slowly with both temperature and pressure for
rather wide ranges of temperature and pressure in the vicinity of stand-
ard atmospheric conditions. It is possible to deduce this slow varia-
tion upon inspection of the relation

1.89

B = B ( T 120132250)
273.2 P

of page XVI-16 of reference 13. (Bo is 0.220 cm?/sec at 0° C for the

system water-air, ref. 14.) Since, in the expression Sc = ua/paB, the

viscosity varies roughly as the 0.8 power of the temperature, while air
density varies inversely with temperature and directly with pressure,
the residual variation of Sc 1is a rather slow decrease with tempera-

ture.

The psychrometric equation (1), for convenience in discussing the
remaining calculations, is how restated in the form

ta,s = ta,e,1 - X (Pa,s - Pa,e,1)
where

Ahm Akf Nu

,i1 T m

by Kp p Nup

X =

The thermal conductivity kf,h is nearly independent of pressure at
moderate pressures, whereas kf,m may be written

kf,m.= (kf,m)N.P. (¥.P./P)

In this instant, P = Pe,l,r' The quantity X may now be expressed as
follows:

_ Ny ;]‘_f;:;n>

= = <120132250>
"n \,n N.P.

Pe,Z,r

PeLe
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Further, the quantity (kf,m/kf,h)N.P. increases only about 0.1l percent

per °C increase of temperature at 0° C. For present purposes, therefore,
the expression

ANWE) (kX 1 )y.p., Pixed temperature

was evaluated once at a temperature in the vieinity of -8° C from the
following relations: .

A = 2.519x1010 erg/g

[t 1] -6° ©
[kf,m:IN.P. ,-8° ¢C

The result was (543.5X10-6)"1, go that, finally,

2422 erg/cm sec °C

1.74=6x10'lO g cm?/erg sec

. N
-1 _ -6 U
xl = 543.5%076 7, 4 L 7

Constants Cy, Cp, and Cz are now defined by the relation

2
=Cy +Cptq 5 + 033 6 (3)

Pd,s
where the constants have been given previously in the quadratic expres-
sions (eq. (2)) for vapor pressure. Equstion (3) and the psychrometric
equation (eq. (1)) are then used to obtain .

2 . 1+XCp 6 4 ®1 - Pde,1 _Tae,r _ g
d,s XCs a,s Cx XC

which may also be written

In the latter relation

and
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(The choice as to the particular set of constants to be used is made on
the baslis of a guess as to the final value of td,s 1tself in border-

line cases.)

The droplet temperatyre is then given by the relation

. a; (a2 1/2
s " Z *\Z - %0

The rate of loss of mass is obtained from the expression

Qp = mAg = hyphg (Bg g - Pg,e,7)

in which m i1s the mass-loss rate in g/cmz sec, while Ay 1s the
surface area. Now,

kp m Nup
b = =

and

T 0.89
. 1,013,250 ( Ta,e,r
~ Ly 3 2D
kf,m—' (kf’m)NoP-T- Pe,z’r <27302 >

From these,

-O-ll
- Zxea(ps )(ki,m)N.T.P. (1,013,250)Nup, (Tq o ») (265.2
Qn a\Pa,s-Pg,e,1 P, . 273.2 J\273.2

292

is obtained; a factor (Td_’e,r/273.2)-o'll has here been replaced by

(265.2/273.2)-0']'1 to facilitate calculations. The procedure is
admissible because of the negligible variation of the factor over the
temperature range of interest. The numerical constant then equals

2xx1. 7461020 (0.9707) "0 1 £2015,250 _ 4 g5y1076

273.2
and the following expression yields the desired mass-loss rate:

-6
4.082X10 " rg Td,e,r(Pd,B = Pd,e,l)Num

Q"ﬂl=

Pe,l,r

2734
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The time rate of loss of fractional mass 1s then given by

3y

A=——7

The distance rate of loss of fractional mass may be calculated in an
elementary manner only if the droplet speed 1s always positive with
respect to the air, and the droplet trajectory and an air streamline
virtually coincide. If these conditions are met, the rate ) is given

by
= M(Uy + V)

In tabulations and graphs §J, which as calculated has the dimensions

cmfl, appears a8 the fractional mass lost per foot of droplet travel
toward the obstacle.

RESULTS AND DISCUSSION

The calculations were made for a number of combinations of ambient
relative humidity (unity and 0.9), flight altitude (3, 6, 10, 15, 22. 5,
a.nd 30 thousand ft), ambient temperature (-30, -25, -20, -15, -10, and
-5© ¢), droplet diameter (5, 10, 15, 25, 50, and 150 microns), flight
Mach number (0.25, 0.50, 0.75, and 1.0), air-obstacle relative Mach
number (0, 0.125, 0.25, 0.50, and 0.75), and droplet-air relative Mach
number (0, 0.063, 0.125, 0.25, 0.50, and 0.75). Not all of the possible
combinations were used, however, since the number of such combinations
is prohibitively large.

The combinations for which calculations were actually made are
indicated in the table (table II) in which the results are also pre-
sented. The alr-obstacle and air-droplet results are not tabulated
because they are contained in their entireties in the flight Mach num-
ber results collocation (table II(a) and IL(b)). Table III contains
a summary of certain entry data (air pressures at various altitudes and
temperatures) used in the calculations. Most of the results, with the
chief exception of the entire 90 percent humidity group, are also
presented in graphic form in figures 2 to 9.

Figure Z exhibits the fractional mass lost per foot of droplet
travel (along a stagnation line) as a function of flight Mach number Me
at a succession of fixed droplet-air relative Mach numbers M, for sev-
eral local air-obstacle Mach numbers Mg under ambient conditions as
indicated (altitude 10,000 ft, air temperature, -25° C), the droplet
diameter remaining at 15 microns. It will be noted that the evaporation
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rates increase sharply with increasing Me, particularly at the higher
air-obstacle relative Mach numbers. For example, at an Mg of 0 and
an M, of 0.125, Q changes from 0.0047 per foot at an Me of 0.25 to
0.061 per foot (a factor of 13) at an Mg of 0.75; at an Mg of 0.50
and an Mg of 0.125, £2 changes from 0.00014 per foot at an Me of 0.5
to 0.005L (a factor of 36) at an My of 0.75.

This relatively large increase of evaporation rates (on a unit
distance basis) is the result of combined action of at least two effects.
First, at the lower My values (that is, at nearly full stagnation),
the time rate of evaporation will tend to be high irrespective of the
Mg value, although it will, of course, increase fairly rapidly with
increase of the latter. Second, the increase of droplet speed (with
respect to the obstacle) at increasing Me tends to offset the increase
of time rate of evaporation insofar as the fractional loss per unit
distance is concerned. The net result is & moderate rate of increase of
fractional loss per unit distance with Increasing Me &t lower
values. At higher My values (greater than, say, 0.5), however, the
time rates of evaporation at Me values such that the Mg values in
question involve only relatively slight stagnation will be very small.
Relatively small increases of M., therefore, will markedly increase
what may be called the fractions of full stagnation, and there will be a
substantial increase of time rates of evaporetion under those circum-
stances. Because the (subsonic) Me is already moderate or high
(greater than about 0.6), the increase in droplet speed with increase of
Me will then play a relatively unimportant role in determining the over-
all fractional loss-rate characteristic (on a unit distance basis). The
reasons for this particular characteristic have been presented in some
detall because very similar considerations apply in the cases of trends
appearing In the remelning tebulated entries and figures.

Additional results of the same kind are presented in table II(b) for
an air temperature of -15° C; the remaining variables have the same
values as in the case of the data of figure 2 (tabulated in table II(a)).
A detailed comparison between the two sets of results indicates that, as
expected, the increases of fractional mass loss per unit distance which
occur as a result of the increases of Mg and M, and decreases of My
are somewhat, although not substantially, more marked at the lower
ambient temperature than at the higher. In other respects, the results
are similar in the two cases.

For example, at an Mz of O and an M. of 0.125 for the -15° C
air-temperature case, £} changes from 0.0079 at an M, of 0.25 %o
0.090 (a factor of 11) at an Mg of 0.75; at an Mg of 0.50 and an My
of 0.125, f) changes from 0.00024 at an M, of 0.50 to 0.0081 (a factor
of 34) at an Mg of 0.75.

2734



yeL2

CJ-3

NACA TN 3024 7

Figures 3 and 4 exhibit mass-loss rates as functions of MR and
M., respectively, for various sets of conditions. The data are not tab-
ulated in the sequence in which they are plotted in these figures, but
are included in the listings of table II(a). The curves of figures 2,
3, and 4, therefore, actually present the same data in different ways.
The various curves may be considered to be lines of intersection of
planes with warped surfaces of three-dimensional figures. For example,
if a surface is formed of all points for which M = 0.50, the vertical
axis representing §) and the other axes MR and M., then the curves
of figures 3(a) and 4(a) are lines of intersection of vertical planes
paraellel to the Mr and My axes, respectively.

Interpretations of curve trends in the case of the figures 3 and
4 are difficult; it may, however, be polnted out that, irrespective of
time rate of loss of mass, the fractional mass-loss rates (on a unit
distance basis) will tend toward infinity whenever both local air speed
and relative air-droplet speed tend toward zero. For example, at Mg
values less than 0.10, the fractional mass losses per foot of droplet
travel exhibited in figure 3 become of the order of 0.1 as My decreases
below 0.125. Physically, this reflects the near absence of motion of the
droplet. In the limit, at Mg = My = O, all droplets will of course
evaporate completely.

Droplet slze effects are shown 1n figure 5; the same results are
listed in table II(c). It will be noted that while the fractional mass-
loss rates decrease, over the droplet size range 5 to 150 microns, by a
factor varying between 100 and 10,000, the rates of loss of actual mass
increase, over the same droplet slze range, by a factor of 270 to 2.7
(in the same order in which the fractional loss rates are given).

Temperature effects are shown in figure 6. These date and a few
additional data are tabulated in table IT(d). Despite the large changes
in vapor pressure in going from an ambient temperature of -30° C to one
of -5° C, the factor of increase in fractional mass lost per foot variles
between about 2 and 4 at all combinations of air-obstacle relative Mach
number. At other altitudes, flight Mach numbers, and droplet sizes,
this factor of increase with temperature remains substantlally fixed.

The droplet temperature increase (as is confirmed by values tab-
ulated in this report) is usually about two thirds of the ambient tem-
perature change; hence, the ambient vapor-pressure increase tends to
compensate for the liquid-surface vepor-pressure increase.

Altitude effects are shown in figure 7 and are exhibited in numer-
ical form in table II(e). A remarkably smell role is played by altitude
in the determination of loss rates.
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For example, at Mg= 0.75, Mp = 0, tgp o= -25° C, and D = 15
microns, the increase in going from 3000 to 30,000 feet is about 30 per-
cent; at M= 0.75, M, = 0.25, and for the same air temperature and -
droplet diameter, the increase is about 80 percent. Under certain con-
ditions, this change decreases and even reverses slightly. However, an
increase of around 10 percent is typical at the higher evaporation rates.
Mutually compensating effects are the lower relative Reynolds numbers
(at the lower densities) on one hand and the higher mass-transfer rates
(at the lower pressures) on the other.

2734

A few of the calculations (table II(f)) were made on the basis of a
free-gtream relative humidity of 90 percent, and the balance on the basis
of a relative humidity of 100 percent. The droplet equilibrium temper-
atures in the latter (100 percent) case are between 0.2° and 0.5° C
higher than in the former, while the evaporation rates are slightly
lower, the difference usually being of the order of 2 to 7 percent.

The results of calculations for two cases of losses from droplets
impinging on cylinders are given in figures 8 and 9. The droplet motions
were computed by & numerical technique; the x-motion equation alone of
reference 3 was used, since lateral motion was assumed negligible. The
air-flow history calculation was based on the assumption that the local
velocity was that of incompressible potential flow, although, thereafter,
compressible flow relations were used to determine the local air-obstacle -
relative Mach number M,., temperature, pressure, and density. When the
x-motion equation was used, account was taken of the changing air density
in the local relative Reynolds number. The local evaporation rate was
obtained, for each step of the droplet motion, from the curves of fig-
ure 3 or 4 by interpolation, the successive products of evaporation rate
(on a unit distance basis) and step distance being then summed to obtain
total mass losses to the respective points.

It will be noted that the total loss in the case of the 10-
centimeter (diameter) cylinder is less than 0.25 percent, while the
total loss in the case of the larger (100-centimeter) cylinder is less
than S5 percent (the end value was obtainable only by the somewhat uncer-
tain extrapolation indicated by the dashed area of fig. 9). In both
cases, most of the evaporation occurs within a distance of one cylinder
radius from the cylinder surface.

Finally, it is evident that dynamic calculations would yileld very
small losses. The internal time constent of a 15-micron liquld water
sphere is 0.000023 second (fig. 10). The ratio of approach period to
internal time constant Iy is 92 for the large cylinder and 9.2 for the .
smaller. It follows that, in both cases, the internal temperature remains
substantially uniform. On the other hand, the ratio of approach period
to external time constant is considerably smaller and varies with the -
local relative heat-transfer Nusselt number. At a distance of 2 radii
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from the small cylinder or of about 5 radii from the large cylinder, the
Nusselt number is not significantly greater than 2, and the ratio of
external to internal time constant is 142, from relation (B6). At those
respective distances, therefore, the ratios of approach period to
external time constant are 9.2/142 or 0.065 for the small cylinder and
92/142 or 0.65 for the large one. At points much closer to the cylinder,
for example, at a distance of 0.1 radlus from either surface, the ratios
are about 9.2/51 or 0.18 for the small cylinder and 92/94 for 1.0 for
the large cylinder; the latter figures are based on relative Reynolds
numbers of 80 and 10.8, respectively.

It 1s clear that dynamic thermal response calculations based on
external time constant alone (that is, calculations for which internal
temperatures were considered uniform) would be valid for 15-micron
droplet impingement on either of these cylinders. It is not necessary
to make such calculations, however, to draw the qualitative conclusion
that the actual total evaporation would be a few percent less than that
given previously in the case of the larger cylinder, while the actual
lossg, in the case of the smaller one, would be considerably smaller than
the value determined.

It is clear that total evaporative losses from droplets aepproaching
small or moderately large (up to 100 cm in the transverse direction)
obstacles will be of the order of several percent at most for most drop-
lets. 1If, however, the droplet motional history, irrespective of evap-
oration, is such that the droplet remains for a very long (or possibly
infinitely long) perlod et a finite distance from the surface, it will,
of course, evaporate completely. Discussion of the parameters which
determine, in particular cases, the highest droplet diameters for which
this will occur is, hcewever, beyond the scope of the present investiga-
tion; such diameters, for all but the largest obstacles, willl be very
small (of the order of 5 microns).

Duct results (quantitatively correct, to a first approximation) may
be obtained directly from figures 2, 3, and 4 for a droplet diameter of
15 microns, an altitude of 10,000 feet, and an anbient temperature of
-259 ¢. Selection of the proper flight Mach number and stagnation Mg
curve for the condition My = O will yield the desired fractional mess
loss rate on a unit distance basis. Selection of the Mp = 0 curves is
based on the observation that most of the duct air flow occurs at a con-
stant ram recovery (that is, My value) and that, for a reasonsbly long
duct and small droplet size, the droplet will be essentially at rest with
respect to the air over most of the intra-duct droplet history. Further,
the internal and external time constants are sufficiently small in com-
parison with the time spent by the droplet within e duct having a length
of at least several feet that quasi-static calculations are not seriously
In error.




20 NACA TN 302k

No droplet evaporation will occur when the duct inlet velocity
ratio is unity. At the other extreme, let it be assumed that the flight
Mach nunber is 0.75 and the air-duct relative Mach number for intra-
duct air is 0.25. At a droplet-air relative Mach number of 0, a value
of £ of 0.010 per foot is obtained from taeble II(a) or figure 2(b) for
a droplet of 15-micron diameter at 10,000-foot altitude and -25° C
ambient temperature. Accordingly, the loss for a 10-foot duct would be
10 percent; at a flight Mach number of unity (other conditions remaining
the same) the loss would be about 25 percent.. Actually, the loss would
be greater in the latiter case, since account has not been teken in the
present calculation of the increase of fractional mass loss rate with
decrease of droplet size. It is possible to conclude that the normal
range of droplet mass losses in ducts several feet 1n length is O to
50 percent-

The additional results listed in table II(b) may also, of course,
be used for duct or obstacle calculations.

Factors which may be used to correct eveporation rates obtained
from figures 2, 3, and 4 (or the data of table II(b)) for departure of
droplet diameter, ambient temperature, or altitude from the standard
values (15 microns, -25° C, and 10,000 ft) assumed here may be obtained
from figures 5, 6, and 7 or tables II(c), II(d), and II(e). In each
case, the procedure required to obtain a correction factor consists
merely of noting the ratio of evaporation loss at the nonstandard condi-
tion to that at the standard. For example, let the fraction of mass
lost per foot of travel of a 10-micron droplet be required for the fol-
lowing conditions: Mg, 0.75; > 0.50; M., 0.25; ambient temperature,
-10° C; altitude, 30,000 feet. rom teble IT(b) the informastion is
obtained that, at 15 microms, -15° C, and 30,000 feet, the mass loss
rate is 0.0100 per foot. From table II(c) it can be determined that the
ratio of loss rate at 10 microns to that at 15 microns for the given
values of M , Mp, and My is 19.4/10.0 = 1.94. Table II(d) ylelds the
information that the ratio of loss rate at -10° C to that at -15° C is
12-2/10.0 = 1.22. Finally, teble II(e) ylelds the information that the
ratio of loss rate at 30,000 feet to that at 10,000 feet is 7-57/6-25 =
1.21. The product of the three factors is 2.87. The mass-loss rate
required is therefore 0.0010X2.87 = 0.0029 per foot. The procedure is
not rigorously valid, but the inaccuracies involved ere no larger than
the inaccuracies inherent in the basic calculations.

CONCLUSIONS

On the basis of a theoreticel analysis of rates of loss by evapor-
ation of atmospheric droplets moving along stagnation lines toward
obstacles (such as wings and icing-rate measurement cylinders), it may
be concluded that:
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1l. Little or no evaporative loss occurs from droplets approaching
ligquid-water-content measurement cylinders (that is, cylinders having
diemeters less than about 15 cm).

2. Evaporative losses may be as high as several percent in the case
of small droplets approaching larger obstacles, such as wings, except
that there 1s always a possibility that the droplet will never reach the
airfoil. (In the latter case, it will, of course, evaporate completely
if it has been approaching along the stagnation line).

3. Total losses from droplets moving along intake ducts, for example,
between the inlet entrance and engine screen of a Jet engine, will
usually be of the order of 5 to 10 percent at low temperatures for the
smaller droplets and a fraction of that for the larger droplets, but may
be as greaet as 50 percent for the smaller droplets at ambient tempera-
tures closer to 0° C for high degrees of stagnation and moderately long
(10 £t) ducts. '

Lewis Flight Propulsion Iaboratory
National Advisory Committee for Aeronautics

Cleveland, Ohio, August 17, 1953
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APPENDIX A

SYMBOLS

The following symbols are used in this report:

A3 droplet surface area, cm?
-1 -1y op2
ag C3~ (C1 - p3,e,1 - ta,e,z X7)5 C

aq czt (x1 +cy),
C1,C2,Cz constants of approximate quadratic vapor-pressure equations:

(2) (b)

6136 or 5288 dyne cm-2

Q
=
I

Cy = 438.7 or 287.7 dyne cm™2 O¢-1
Cs = 10.69 or 4.3047 dyne cm2 9¢-2

cp,d specific heat at constant pressure of liquid water (droplet),
cal g-1 oc-1

D diameter, cm

Da droplet diameter, cm

Gg air mass-flow rate, g em? gec~l

hy, heat-transfer coefficient, erg cm2 gec~t Og -1

by, mess-transfer coefficient, g cm™2 sec™l (dyne cm~2)-1

dm Colburn mass-transfer parameter defined by relation
3p = St 5c&/3

kf,h thermal cgﬁdgc?ivity_gf material characteristic of film,
erg cm C sec

kf,m mass~transfer conductivity of material characteristic of f£ilm
and of diffusing material, ;35 (%5), g em~2 gec™L
(dyne cem=3)-1

kh,a thermal conductivity of air, erg em L %1 gec-l
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kp,d

Re

thermal conductivity of droplet, erg cm™t °¢~1 gec-l

3 -
molecular weight of dry air, g (22.4X10 cms) 1
molecular weight of water, g (22.4x10° cmd)-1
local Mach number of sir flow with respect to obstacle
local relative air-droplet Mach number
flight Mach number
(1) constant equal to 1, 2, or 3 as discussed in text in

appendix B

(2) mass-transfer rate, g sec™t cm2

normal pressure (1 atm), 1,013,250 dyne cm-2

Nusselt number for heat transfer, hhp/kf,h
Nusselt number for mass transfer, hde/kf,m

air pressure, dyne cm-2
mean local dry-air partial pressure, dyne cm.'2

local effective relative air pressure, dyne cm-2

static ambient flight air pressure (at infinity), dyne cm-2

Prandtl number

droplet equilibrium (psychrometric) vapor pressure, dyne cm2

ambient static flight water vapor pressure (at infinity),
dyne cm-2

local effective water vapor pressure, dyne cm~2

rate of loss of mass of droplet, g sec-l
principal (ref.) dimension of obstacle, cm

Reynolds number
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relative air-droplet Reynolds number based upon local static
air density, droplet diameter, relative air-droplet air
speed, and viscosity at the relative air-droplet total
temperature

droplet radius, cm

Schmidt number, ua/paB

Stanton number for mass transfer
gbsolute temperature, °K
volume-mean droplet temperature, °K

effective local air temperature with respect to droplet, °x
alr total temperature with respect to droplet, Ok

local static air temperature, °K
ambient (flight) static alr temperature, °K

air total temperature with respect to obstacle, %k
temperature, S¢c
effective local air temperature with respect to droplet, %

(o) o

equilibrium (psychrometric) droplet temperature, °C

ambient (flight) static air temperature, °C

local air speed with respect to obstacle, cm sec™t
flight obstacle speed, cn sec~L

local air-droplet relative speed, cm sec-1

Ahm/hh, °c (ayne cm'z)"1

diffusion coefficient, cm® sec™t

diffusion coefficient at 0° C and atmospheric pressure,

cmz sec‘l

Yol Ryl
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Pj_ number of Internal sphere time constants per unit of time
required for obstacle to move through air at speed U, &
distance R

e ratio of specific heats

e time, sec

Gd,ext external time constant of object (sphere), sec

ed,int internal time constant of object (sphere), sec

Ky thermal diffusivity of droplet (water), cm? sec-l

A time rate of loss of fractional mass, sec™

A heat of vaporization, erg gt

1 viscoslty of air, poise

B viscosity of air at temperature Td,t,l’ poise

p density, g cm=3

Pa droplet (water) denmsity, g em™>

pst,l local static air density, g em=3

g flight relative humidity

Q fractional droplet mass lost per centimeter of droplet travel
toward obstacle; loss per foot is given in tebulations and
graphs

Subscripts:

a appertaining to air

d appertaining to droplet

e effective value

g appertaining to f£ilm

h heat transfer

A local
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mass transfer

normal (atmospheric) pressure

normal (atmospheric) pressure and (0° C) temperature
air-obstacle relative value

droplet-air relative value

equilibrium (psychrometric) value

static value

total value

value in undisturbed stream
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APPENDIX B

SPHERE TIME CONSTANTS

The thermal response of a solid body may, to a first approximation,
be described in terms of what may be deslignated an "internal time con-
stant" and an "external time constant." (Although liquid spheres are
discussed in this report, they are treated as though solid.) For pre-
sent purposes the internal time constant is designated ed,int and is

defined as the time required for the mean sphere temperature to change
by l-e-l1 of the asymptotic change upon imposition of an instantaneous
surface temperature change. The external time constant is designated

ed,ext and is defined as the time required for the sphere temperature

(assumed uniform throughout) to change by 1-e-l of the asymptotic
change upon lmposition of an instantaneous environmental temperature
change.

From curve V, figure 9, page 84 of reference 15, it is found that

the Fourier modulus Kde/rg has, in the case of the sphere, the value

0.056 when the temperature ratio T&/TS = 0.632; consequently, the

internal time constant of & sphere is given approximately by the
relation

2
Gd’ int = 0.056 rd/Kd (Bl)

In the case of water, R4 = o.oglss at 0° C, in c.g.s.-calorie units,
and it is found that ed,int = 4l.r3; rq 1s here given in centimeters.
Figure 10 exhibits this relation over the range Dg = 2rg = 1 to 1000

mlcrons, over which 9d,int varies between ~10-! and 10-1 second. At

e typical droplet size, 10 microns, the time constant is about 10-°
second.

The question arises as to the magnitude of this period as compared
with the approach time of a droplet.

I1f T, 1s defined as the number of internal sphere time constants
per unit of time required for the air (or droplet) at infinity to move
(relatively) through a distance equal to the selected principal dimen-
glon of the obstacle, the relation

ry=—— (B2)
4l.Ty Us
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applies (the cylinder radius has been selected as the principal dimen-
sion, rather than the diameter).

Values of Pi are plotted in figure 11 as a function of U for
a number of combinations of R and Dg. The range of I'y covered is
about 0.01 to 1000, of Ue 225 to 825 miles per hour, of R 0.5 to
180 centimeters, and of Dg 6.25 to 400 microns. It is clear that for
large (>5, say) values of Ij +the sphere temperature will be uniform
except possibly in regions of maximum rate of air temperature change,
where small gradients will exist. On the other hand, it may be stated
without proof that for small (<0.2) values, it is possible to make an
estimate of the fractional volume (adjacent to the surface) of the
sphere which alone participates, to a first spproximation, in the ther-
mal exchanges with the environment, and so to make rough calculations
using, in effect, & hollow sphere in the liquid portion of which the
temperature is taken to be uniform. In the region 0.2 < I& <5, roughly,
no simple approach appears to be possible; this region is accordingly
labeled "ecritical region" in figure 2.

It will be noted thet many combinations of liquid-water-content
measuring cylinder diameter and droplet diameter fall within or near the
critical region. While it is possible to deduce that in such cases the
droplet surface temperatures will be higher than they will be for first-
order response (that is, the response of the sphere as a unit), it is not
easy to make quantitative evaluations.

In the subcritical region the (approximate) calculations based on
the "shell" concept, while possibly easier, will lead to results varying
very widely with the particular conditions, and such calculations are
accordingly not made in the present report. Again, in general, surface
temperatures will be higher, and usually markedly so, than those attained
on the basis of first-order response.

The external time constant ed,ext in the case of heat transfer

without evaporation appears, for example, as a by-product of investiga-
tions of heat transfer to and from solid bodies through uniform boundary
layers as carried out by several investigators. Jakob (ref. 16, pp.
270-291) summarizes their results and, in particular, presents (p. 291)
a chart in which exponential changes of (uniform) plate, cylinder and
mKy hy6
kh,a Ta
that expression, m has the values 1, 2, and 3 for plete, cylinder, and
sphere, respectively, and rg 1is half the plate thickness or, otherwlse,
the body radius. When the variable in question equals unity, 9 equals
ed,ext by definition and, in the case of the sphere, the relation

sphere temperatures are given as functions of the varieble In

yeLZ
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_M,a%a Pa®pata

Oa,ext = kg By, = 3ny (83)

is obtained. The same relatlion is, of course, obtaineble very directly
and simply by consldering that the system sphere-boundary layer behaves
like electrical resistance-capacity circuit of capacity

(4n/3)r3 pg cp,q and resistance ZE_iﬁfig’ the product RC then yield-

ing 63 ext. For many purposes it is preferable to use the Nusselt num-
ber of heat transfer

Nuh =

when Nup 18 used, this equation becomes

Zrz c
d Pa %p,a

6 = (B4)
d,ext = “Bky o Nuy

It is known that

0.6
Nuh (s Rer

and 1t is instructive to note, therefare, that

pl-4
d P4 %p,d
kh,a

04, ext ©

(Obviously, air relative speed, air density, and air viscosity factors
have been omitted.)

In view of the fact that, in contra-distinction to ed,int’ ed,ext

depends on a comparatively large number of factors, it did not appear

worthwhile to present any set of curves from which 1ts magnitude might
be estimated. On the other hand, a direct comparison with ed,int is
fruitful. It is clear that

ba,ext 11'9 ¥y g
8d,int Knh,a Nuh

(BS)

Upon evaluation of the thermal conductivities of air and liquid water
at 0° C, it is found that

6
ed., ext = ;84: (BG)
d,int Un

in the case of a sphere of liquid water in air at 0° C.
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It is generally accepted, on the basis of both theory and observa-
tion (ref. 11, for example), that the minimum value of Nuy is 2. The
maximum value that the relative Reynolds number of a droplet-air system
is likely to reach, for flight Mach numbers less than unity, is about
1000, at which Reynolds number the value of Nup (ref. 11, fig. 9) will
be about 20. The range of the ratio of equation (B6) will therefore be
about 10:1, from values of about 140 (extreme high) through typical
values of the order of 40 to values of about 14 (extreme low).

When evaporation (or, in general, mass transfer) is occurring, the
situation is not so simple since latent heat of vaporization or conden-
sation may be either hastening or slowing down a particular droplet
temperature change. It 1s to be noted that if the environment of a
large droplet is suddenly altered by an adiabatic compression, some con-
densation may conceivably occur before the instant at which the droplet-
surface vapor pressure, as a result of surface-temperature rise, once
again equals or exceeds the increased ambient water vapor pressure.
Initially, then, the addition of heat of condensation to droplet heat
content would tend to accelerate surface temperature rise and, therefore,
decrease the initial time constant.

In general, then, even the first-order response cannot be calcu-
lated unless assumptions are made concerning condensation rates in the
case of larger droplets or unless the situation is that of approach of
small droplets (5 to 20 microms) to cbstacles that are not small.
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TABLE I.- COMPARISON OF ACTUAL VAPOR PRESSURES AND PRESSURES
GIVEN BY EQUATIONS (2a) AND (2b)

~FEE

Temper- | Actual Pressure | Error, | Pressure |ZError,

ature, | vapor (eq. (2a)) | percent [(eq. (2b)) | percent
°c pressure, (ea- (2a) {eq.. (2b)

dyne cm”

-32.0 421 490 +16.4
-31.5 441 497 +12.7
-31.0 463 506 4+9.3
-30.5 485 518 +6.8
-30.0 509 531 +4.3
-29.5 533 547 +2.6
-29:0 559 565 +1.1
-28.5 586 585 -.17
-28.0 613 607 -.98
-27.5 643 632 -1.7
-27.0 673 658 -2.2
-26.5 704 687 -2.4
-26.0 137 718 -2.6
-25.5 771 751 -2.6
-25.0 807 786 -2.6
-24.5 844 823 -2.5
-24.0 883 863 -2.3
-23.5 923 905 -2.0
-23.0 965 948 -1.8
-22.5 1008 994 -1.4
-22.0 1054 1042 -1.1
-21.5 1101 1093 -.73
-21.0 1150 1144 -.52
-20.5 1201 1199 -.17
-20.0 1254 1256 +.16
-198.5 1309 1315 +.46
-19.0 1366 1376 +.73
-18.5 1426 1439 +.91
-18.0 1488 1504 +1.1
-17.5 1552 1733 +11.7 1572 +1.3
-17.0 1619 1768 +9.2 1641 +1.4

yeL2
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TABLE I.- Continued.

COMPARISON OF ACTUAL VAPOR PRESSURES AND
PRESSURES GIVEN BY EQUATIONS (2a) AND (2b)

“NHAAS

Temper- | Actual - Pressure | Error, | Pressure | Error,
ature, | vapor (eq. (2a))| percent |(eq. (2b)) | percent

°c pressureé feq. (22) (a. (2b)

dyne cm

-16.5 1688 1808 +7.1 1713 +1.5
-16.0 1760 1853 +5.3 1787 +1.5
-15.5 1834 1305 +3.9 1863 +1.6
-15.0 1912 1961 +2.6 1941 +1.5
~-14.5 1992 2023 +1.6 2022 +1.5
-14.0 2076 2089 +.63 2104 +1.3
-13.5 2162 2162 0 2189 +1.2
-13.0 2252 2239 -.50 2275 +1.0
-12.5 2345 2323 -.94 2365 +.85
-12.0 2441 2411 -1.2 2456 +.61
-11.5 2541 2505 -1.4 2549 +.31
-11.0 2644 2604 -1.5 2644 0
-10.5 2752 2709 -1.6 2742 -.36
-10.0 2863 2818 -1.6 2841 -.77

-9.5 2978 2933 --1.5 2943 -1.2

-9.0 3097 3054 -1l.4 3048 -1.6

-8.5 3221 3179 -1.3 3154 -2.1

-8.0 3348 3311 -1.1 3262 -2.6

-7.5 3481 3447 -.98 3372 -3.1

-7.0 3618 3589 -.80 3485 -3.7

-6.5 3759 3736 -.61 3600 -4.2

-6.0 3906 3889 -.44 3717 -4.8

-5.5 4058 4047 -.27

-5.0 4215 4210 -.12

-4.5 4377 4378 +.12

-4.0 4545 4552 +.15

=-3.5 4719 4732 +.28

-3.0 4898 4916 +.37

-2.5 5084 5106 +.43

-2.0 5275 5301 +.49

-1.5 5473 5502 +,53

-1.0 5678 5708 +.53
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TABLE I.- Concluded. COMPARTSON OF ACTUAL VAPOR PRESSURES AND

PRESSURES GIVEN BY EQUATIONS (2a) AND (2b)

SHBA

Temper-~ |Actual Pressure | Error, Presgsure | Error,
ature, |vapor (eq. (2a)) | percent |(eq. (2b)) | percent
oC presxsureé (eq. (2a)) ea. (2v)
dyne cm”
-0.5 5889 5919 +.50
0 6108 6136 +.46
.5 6333 6358 +.39
1.0 6566 6585 +.29
1.5 6807 6818 +.16
2.0 7055 7056 +.01
2.5 7311 7300 -.15
3.0 7575 7548 -.36
3.5 7848 7802 -.59
4.0 8129 8062 -.82
4.5 8420 8327 -1.1
5.0 8719 8597 -1.4
5.5 9028 8872 =1.7
6.0 9347 9153 -2.1
6.5 9675 9439 -2.4
7.0 10013 9731 -2.8
1.5 10362 10028 -3.2
8.0 10722 10330 -3.7
8.5 11092 10637 -4.1
9.0 11474 10950 -4.6
9.5 11867 11268 -50
10.0 12272 11592 -5.5
10.5 12690 11921 -6.1
11.0 13119 12255 -6.6
11.5 13562 12595 -7.1
12.0 14017 12940 -7.7
12.5 14486 13291 -8.2
13.0 14969 13646 -8.8
13.5 15466 14007 -9.4
14.0 15977 14373 -10.0
14.5 16503 14745 -10.7
15.0 17044 15122 -11.3

FeLe
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O
(a) Flight Mach number effects at -25° C. %
Da» natitade, e,y o M | Mg My Vs Rey, tg,8° a}, A, W + Vo a,
microns rt) ¥ ft/sec gc sec fracticnal| ft/mec | fracticnal
mass/sec mass/Tt
18 10,000 | -25 | 0.25 o 0.063 65.68 | 18.12| -22.29| o0.76x007Y 0.45 85.68 8.59x10™
.50 66.86 | 19.64 | -14.9¢] 35.79 2.14 66.86 32.0
.15 68.85 | 22.32| -3.88] 11.5 6.53 68.83 94.9
1.00 71.52 | 26.81| 9.66| 28.6 16.2 n.e2 | 226
.25 125 | 130.3 35.80 [ -21.88| 1.08 615 | 130.3 4.71
.50 132.7 38.90 [ -14.52{ 4.85 2.75 132.7 20.7
.75 136.6 44.28| -3.44| 14.6 8.28 136.6 60.6
1.00 141.9 52.46 | 10.14| 36.2 20.5 1.9 145
.28 .25 260.6 71.50 | -20.33| 2.14 1.21 260.6 4.64
.50 265.4 77.25 | -12.98| 7.28 12 265.4 15.5
.75 273.1 87.95| -1.98| 20.8 11.8 273.1 3.2
1.00 265.8 |104.3 | 11.79] 50.1 28.3 265.8 99.9
.50 .50 $30.8 | 150.3 | -6.98] 1.s2a0"® 9.18 5350.8 17.3
.75 546.3 | 171.0 3.63| 3.80 22.1 546.3 0.1
1.00 667.6 202.8 | 817.89| 8.29 46.9 567.6 82.8
.75 .75 819.5 | 245.9 | 12.87| 7.09 0.1 819.5 18.9
1.00 851.4 | 291.8 |a2zs.01 851.4
50 | .25 |0 o 0 -17.43| 1.41x07? .798 | 263.8 3.03
75 -5.98| 4.98 2.82 271.5 10.4
1.00 7.78| 12.3 7.30 282.0 25.9
.25 .083 65.26 | 17.64| -2¢.88| .027 012 | sae.2 .036
.50 €6.50 | 19.14|-17.42] =2.62 1.48 330.4 4.49
.75 68.40 | 21.74| -s.11] 9.43 5.54 539.9 15.7
1.00 71.09 | 25.79| 7.44| 25.4 4.4 553.2 0.6
.25 .25 | 1296 54.92 | -24.48| .16 .088 | 388.5 .23
.50 131.9 57.83 | -17.03| 3.38 1.92 395.7 4.84
.75 135.8 43.05( -5.71| 12.0 .76 107.3 16.8
1.00 142.1 51.05 | 7.90| 32.1 18.2 423.1 2.9
.25 .25 259.0 69.56 | -22.89| .84 AT 517.9 .91
.50 253.9 75.17 | -15.47] s.31 3.00 527.7 5.89
.75 271.5 85.50 [ —4.21| 17.2 3.73 545.0 17.9
1.00 282.2 | 101.4 9.52| 44.5 25.2 564.3 1.8
.50 .50 527.9 |146.2 | -s2.38| 12.7 7.19 791.7 9.08
.75 543.0 | 186.4 1.42| 35.3 18.8 814.6 25.1
1.00 564.3 | 197.3 | ®15.50) 74.6 2.2 816.4 9.9
.75 .75 814.7 |239.0 | 10.52] s.27x1078 35.5 1086 32.7
1.00 e46.5 |283.7 |e2sia3 1129
.75 | .50 [0 ) 0 -15.11 2.52a07° 1.45 535.1 2.68
1.00 1.18| 8.74 1.9 553.8 8.93
.50 .083 85.26 | 17.64 | -24.88| .o27 .016 | s585.3 .027
.75 67.16 | 20.03-13.135} «.71 2.67 800.3 4.4
1.00 69.78 | 25.75 .26| 16.8 9.52 §23.6 15.3
.50 .25 | 129.5 54.92 | -24.48| .18 091 | 647.5 4
.75 153.2 39.69 | -12.75| s.00 3.40 666.4 5.10
1.00 138.5 17.01| 1.38] 21.3 12.1 692.2 17.4
.50 .25 259.0 69.38 | -22.89| .84 A7 777.2 .61
.75 266.5 78.85 | -11.14| 8.83 5.00 799.5 .25
1.00 276.9 95.44| 2.91| 29.9 16.9 830.7 20.4
.50 .50 518.1 | 134.8 | -16.77| 5.22 2.96 |1036 2.85
.75 sz5.2 | 155.3 | -5.29f 18.1 10.8 1066 10.2
1.00 563.8 | 181.7 8.66| 52.8 29.9 1108 27.0
.75 .75 799.6 [ 220.2 5.70| 4.18x10-8 25.6 13353 17.7
1.00 830.7 | 261.2 |218.09| s.01 51.0 1584 6.8
1.00 | .75 0 0 0 -9.49| 3.s8%107% 2.02 807.1 2.51
.15 063 65.26 | 17.64| -24.88 .027 .018 | se2.2 .018
1.00 87.78 | 20.85] -9.57| 6.73 81 875.0 4.35
.76 25 | 129.5 34.92| -24.47] .16 .088 | 906.5 .097
1.00 13¢.5 u.31] s em 4.82 941.6 5.12
.75 .25 259.0 69.38| -22.89| .84 .47 |1038 46
1.00 269.0 82.10| -7.83| 12.4 7.03  |1076 8.54
.75 .50 516.1 | 134.8 | -16.77| 5.22 2.96 |1295 2.28
1.00 538.1 | 158.5 | -1.97| 25.6 14.5 1315 10.8
.75 .75 776.9 | 193.4 | -7.12| 16.9 9.57 |158¢ 6.16
1.00 807.1 | 229.2 7.03| 51.5 2.2 1614 18.1

35

8proplet temperaturss and evaporaticn rates not quantitative for calculated droplet temperatures higher than about 15° C.
Evaporation rates cmitted for droplet temperatures greater than 250 C.
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TABLE II - Continued. RESULTS

(b) Flight Mach number effects at -15° . ~ua

Da» Atitude by, o4 H,, | Mg Hn Vrs Re, ty, 80 &c/xm A, U + Vpe a,
microns re °c rt/sec gc sec fractional | ft/sec fractional
mass/sec mass/ft
15 10,000 | -18 { 0.25 Jo 0.063 66.96 17.48 | -12.52] 1.30¢007° 0.757 66.98 11.3x0~3
.50 68.24 18.96 | -5.86| 6.14 3.47 68.24 50.9
.75 70.18 21.57 5.95) 17.6 9.98 70.18 | 142
1.00 72.93 25.58 [217.07] 38.4 21.7 72.93 | 288
.25 125 | 132.8 34.62 | -12.15| 1.85 1.05 132.8 7.89
.50 135.4 37.58{ -5.50| 7.88 4.45 135.4 32.9
.75 139.3 42.75 4.34 | 22.2 12.6 139.3 90.3
1.00 144.7 50.70 | 217.59 | 48.5 27.5 144.7 9
.25 .25 265.7 68.78 { -10.68| 3.53 2.00 265.7 7.62
.50 270.8 74.65 | -4.11| 11.9 6.72 270.8 24.8
.75 278.5 84.95 5.79] 31.1 17.6 278.5 63.2
1.00 289.4 100.8 |219.30) €6.5 37.8 289.4 130
.50 .50 541.7 145.1 1.21| 2.70x1078 15.3 541.7 28.2
.75 557.1 165.3 11.35| 5.81 31.2 557.1 55.9
1.00 578.7 186.1 |825.54 678.7
.75 .15 835.6 237.6 .58( 9.38 53.1 835.6 63.5
1.00 868.1 282.2 5.95 868.1
50| .25 | o o [} -7.86( 2.25x09 .27 269.0 4.73
.75 2.05| 7.99 4.52 276.9 16.3
1.00 2315.29] 17.8 10. 287.7 35.1
.25 .083 66.57 17.01 | -14.89 046 .026 330.8 .078
.50 67.85 18.45| -7.96( 4.11 2.33 337.0 6.90
.78 69.78 20.99 1.84| 14.8 8.39 346.7 24.2
1.00 72.61 24.90 | 14.8 | 34.5 19.5 360.2 54.2
.25 225 | 1s2.1 55.69 | -14.52 .28 .16 396.3 .41
.50 134.6 36.55 | ~7.68] 5.47 3.10 403.6 7.67
.75 138.5 41.58 1 2.25| 18.7 10.6 415.3 25.5
1.00 13,9 49.29 | "15.34( 43.6 24.6 431.5 57.1
.25 .25 264.2 66.93 | -15.06| 1.46 .827 520.4 1.87
.50 269.2 72.57 | -6.28| 8.62 4.88 630.4 9.08
.75 276.9 82.59 5.66| 26.4 1.4.9 555.8 21.0
1.00 287.7 97.91 | 217.00| s9.8 35.8 575.5 58.8
.50 .50 538.4 141.1 -.96| 20.9 11.8 807.7 4.7
.78 553.8 160.7 9.16| 8.1 27.2 830.7 32.8
1.00 575.5 180.5 .12 97.1 54.9 865.2 63.7
.15 .75 830.7 2350.3 8.25| 8.43xa0"8 41.1 1108 43.0
1.00 863.2 274.1 33.35 1181
76| .50 | 0 5} 0 ~¢.24| 4.18x107% 2.38 545.6 4.35
1.00 8.85| 12.8 7.24 565.0 12.8
.50 .063 66.57 17.01 | -14.89 .046 .026 695.1 043
.75 68.50 19.32| -4.31| 7.86 4.34 612.1 7.08
1.00 71.19 22.92 8.52| 24.3 13.7 636.1 21.6
.50 .125 | 132.1 33.69 | -14.52 .28 .16 660.6 24
.75 135.9 38.34 | -3.95( 9.77 5.53 679.6 8.13
1.00 141.2 45.42 8.96 | 30.6 17.3 706.2 24.5
.50 .25 264.2 66.93 | -13.06| 1.46 .827 792.8 1.04
.75 271.8 76.10 | -2.55| 14.4 8.17 815.6 10.0
1.60 2682.5 90.24 | 10.47] 42.3 24.0 847.4 28.3
.50 .50 528.6 130.1 -7.36] B8.43 4.77 1057 4.82
.75 545.7 148.0 2.76| 30.0 17.0 1087 15.6
1.00 565.0 175.7 |®16.25] 71.6 40.5 1130 35.9
.75 .75 815.7 212.7 11.48| 5.92x10°8 33.5 1359 24.6
1.00 847.5 252.6 | @2s.86 112
1.00{ .75 | ©0 5} [+] -1.15| s.9ex1079 5.57 823.5 4.10
.75 .063 66.57 17.01 | -14.89 .046 .026 859.2 .030
1.00 69.16 20.16 | -1.27| 11.0 8.22 892.7 6.97
.75 125 | 152.1 35.89 | -14.52 .28 .16 924.9 .17
1.00 137.2 39.90 -.89| 13.9 7.87 960.6 8.19
.75 .25 264.2 66.90 | -15.06| 1.46 .827 1057 .763
1.60 274.53 79.22 .52 20.0 11.3 1098 0.3
.75 .50 520.6 130.1 -7.36| 8.43 4.77 1521 3.61
1.00 548.9 154.0 5.89 | 38.4 21.7 1372 15.8
.75 .75 | 7192.7 186.8 1.20] 27.3 15.5 1585 9.75
1.00 825.5% 221.6 14.77] 71.0 40.2 1647 24.4

anroplet temperatures and evaporaticn rates not quantitative for calculated droplet temperatures higher than about 15° C.
Evaporation rates cuitted for droplet temperatures greater than 25° C.

peLe
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TABLE II

(c) Droplet dlameter effects.

- Continued.

RESULTS

37

“{$§;377

Da» Mtitude, (top 00| He [ My | Hp Vo, Rep L. E},, A, H o+ T a,
mierons e %c f£t/sec 8c Beo fractional| ft/sec fraotional
mass/sec mass/f't
5 10,000 | -15 |o0.75 [0 0.063 70.18{ 7.1%0 3.91 4.57x107% | 69.8 70.18 |99sx1073
10 14.38 | 3.91| 10.6 20.2 288
15 21.57 5.93 17.6 9.98 142
25 35.95 | 3.97 | 34.2 4.18 69.5
50 71.90 | 4.09 | 87.3 1.33 13.0
150 215.7 4.40 | 418 258 3.37
6 .25 278.5 | 28.32 | 5.58 7.07 108 278.5 |388
10 56.64 | 5.70 | 17.8 34.0 122
15 84.94 | S.79 | 31.1 17.6 3.2
25 141.6 6.9¢ | 64.2 7.84 28.2
50 2835.2 6.17 | 176 2.89 3.68
160 849.4 6.61 | 921 .521 1.87
s .75 835.6 | 79.20 [¥20.01 1.94x1078 | 297 835.6 | 355
10 158.4 | |20.35 5.20 99.3 119
15 257.6 | |20.58 9.38 53.1 63.5
25 596.0 |]e0.92 | 20.1 24.5 29.38
50 792.0 .33 | 57.3 8.75 10.5
150 2576 .22 | 313 1.77 2.12
s .25 o 0 ) 2.06 2.66x1077 |  40.7 276.9 | 147
10 5.52 10.2 36.7
15 7.99 4.52 16.3
25 13.3 1.85 5.87
50 26.6 .407 1.47
150 79.9 045 L1635
5 .085 g9.78{ 6.995| 1.8% 5.86 58.9 346.7 |170
10 15.99 | 1.83 8.92 17.0 49.1
15 20.99 | 1.8¢ | 14.8 8.39 24.2
25 5498 | 188 | 28.7 3.51 10.1
50 69.95 | 1.99 | 73.2 1.12 5.23
180 209.9 2.2¢ | 349 .197 .569
5 .25 276.9 | 27.85 | 3.49 6.02 92.0 5635.8 | 166
10 65.06 [ 3.38 | 15.1 28.9 52.2
15 82.69 | 3.66 | 26.4 14.9 27.0
25 137.7 5.79 | S4.4 .64 12.0
50 275.3 4.01 | 149 2.28 4.12
150 825.9 .39 | 718 440 795
5 .78 8%0.7 | 76.95 Pf17.70 1.750078 | 267 3 2401
10 153.9 |{18.00 4.66 89.1 80.4
16 230.9 8.23 8.43 47.7 43.0
25 584.8 []18.65 | 18.0 22.0 19.8
50 769.5 |[18.97 { B1.3 7.84 7.08
160 2509 19.46 | 276 1.56 1.41
5 .s0] o ° 0 —“.2 1391070 | a3 543.6 39.2
10 2.79 5.52 3.79
15 4.18 2.36 4.35
25 6.97 .851 1.57
) 13.9 .25 1392
150 .3 .024 045
5 .065 68.50 6.440) -4.32 2.01 30.7 612.1 50.1
10 12.88 | —4.33 4.61 8.80 14.4
15 19.32 | —4.31 7.68 4.54 7.08
25 . 32.20 | -4.30 | 14.8 1.81 2.95
80 64.40 | —4.23 | 37.4 .672 934
160 195.2 | -4.08 | 177 100 .163
5 .25 271.8 | 25.37 | -2.66 .352a0"9  so.7 815.6 62.2
10 50.75 | -2.81 .828 15.8 19.4
15 76.10 | -2.55 1.44 8.17 10.0
25 126.8 | -2.48 2.96 3.61 £.43
S0 255.7 | -2.35 8.06 1.25 1.51
150 761.0 | -2.10 | 41.8 257 .290
5 .75 815.7 | 70.90 | 11.08 1.24 189 139
10 141.8 | 11.: 5.29 62.8 46.2
15 212.7 | 11.48 5.92 33.5 24.6
25 354.5 | 11.72 | 12.6 15.4 11.5
50 709.0 | 12.06 | 35.8 5.47 €.03
150 27 12.65 | 195 1.10 .809

Aproplet temperatures and evaporation rates not quantitative for calculated droplet temperatures higher than about 15° C.
Bvaporation rates omitted for droplet temperatures greater than 25° C.
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(d) Temperature effects.
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cmitted foar droplet temperatures greater than 259 ¢.

2proplet temperatures and evaporacion rates not quantitative for caleulated droplet temperatures higher than about 18° C.
Evapuration rates



2734

NACA TN 3024 39

TABLE II - Continued. RESULTS

(e) Altitude effects.

Da. Altitude, tst',, Mo | ¥y H. Vo Rey tg{:s. E%, 4, W + Vp a,
miorons 47 () rt/sec ec fractional | ft/sec fractional
mass/sec mase/ft
15 3,000 -25 10.75|0 0.085 68.83 29.68 | -2.74 | 10.622072 6.98 68.8% 86.8x10°>
6,000 26.21 | -5.22 | 11.0 6.21 30.3
10,000 22.32 -3.86 11.5 6.53 94.9
15,000 18.55 | -4.64 | 12.2 8.91 100
22,500 14.11 -5.83 15.2 T.44 108
50,000 11.08 -6.93 14.0 7.80 115
35,000 .25 273.1 116.4 -.70 19.7 11.2 275.1 40.8
6,000 105.2 =l.24 20.2 11.4 41.8
10,000 87.95 -1.96 20.8 11.8 43.2
15,000 72.95 | -2.83 | 21.5 12.2 44.6
22,500 55.56 -4.17 22.4 12.7 46.4
30,000 45.64 -5.39 25.0 135.0 47.7
3,000 .75 819.5 325.7 215.16 69.3 38.2 47.8
6,000 288.3 14.19 70.0 39.6 48.4
10,000 245.9 12.87 70.9 40.1 48.9
15,000 204.0 11.29 71.5 40.5 49.4
22,500 185.3 8.910( 71.6 40.5 49.5
30,000 122.0 §.805| 71.3 40.3 49.2
35,000 25| 0 o] 3] -5.06 4.16 2.35 271.5 8.86
6,000 -5.45 4.50 2.88 9.38
10,000 -5.98 4.98 2.82 10.4
15,000 -6.64 5.58 5.15 11.8
22,500 -7.65 6.51 3.68 15.8
30,000 ~8.56 7.33 4.1S5 15.3
35,000 .063 68.40 28.80 ~5.15 8.55 4.84 339.9 1¢.2
6,000 25.52 -5.56 8.92 5.05 14.9
10,000 21.74 -6.11 9.43 5.34 15.7
15,000 18.03 -6.80 10.0 5.86 16.7
22,500 15.74 -7.85 10.9 6.16 18.1
30,000 10.79 ~8.79 11.6 6.86 19.3
3,000 .25 271.8 113.3 -3.14 16.1 9.12 543.0 16.8
6,000 100.4 -5.567 16.6 9.40 17.35
10,000 86.50 ~4.21 17.2 9.73 17.9
15,000 70.95 -4.99 17.8 10.1 18.6
22,500 54.05 -6.18 18.7 10.6 19.5
30,000 42.45 -7.28 13.3 10.9 ) 20.1
3,000 .78 B8l4.7 316.7 12.61 61.1 34.6 1086 31.8
6,000 280.7 11.73 61.9 35.0 32.3
10,000 239.0 10.82 | 62.7 35.5 32.7
15,000 198.3 9.04 85.3 35.8 35.0
22,500 151.1 6.86 65.7 36.0 35.2
30,000 118.7 4.90 85.5 35.9 3535.1
3,000 501 0 ] 2] -12.57 2.08 1.18 533.1 2.17
6,000 [-12.80 2.24 1.27 2.58
10,000 -13.11 2.562 1.43 2.68
15,000 I-15.51 2.88 1.65 5.05
[~14.17 5.43 1.94 3.64
50,000 |-14.78 5.98 2.25 4.25
35,000 .063 £67.16 26.52 [|-12.63 4.1 2.52 800.3 3.87
6,000 25.51 [|-12.80 4.38 2.48 4.13
10,000 20.03 [-15.13 4.71 2.87 4.44
15,000 18.82 |-15.57 5.10 2.89 4.81
22,500 12.66 |-14.23 5.70 3.25 5.38
30,000 o .939 |-14.89 8.21 5.51 5.85
35,000 .25 266.5 104.4 -10.46 8.02 4.54 798.5 5.67
6,000 92.435 [-10.75 8.37 4.75 5.92
10,000 78.85 |-11.14 8.83 5.00 6.25
15,000 66.57 |-11.68 9.35 "5.29 6.62
22,500 49.80 [-12.45 10.1 5.72 7.15
30,000 59.12 [-13.23 10.7 §.05 7.67
35,000 .76 798.6 291.5 5.29 40.3 22.8 1333 17.1
6,000 238.2 4.61 41.0 25.2 17.4
10,000 220.2 5.70 41.8 25.6 17.7
15,000 182.6 2, 42.4 24.0 18.0
22,500 159.1 .91 45.1 24.4 18.3
50,000 109.2 -.61 45.4 24.5 18.4

°Droplot temperatures and evaparation rates not quantitative for calculated droplet temperatures higher than about 15° ¢.
Evaporation rates omitted for droplet temperatures greater than 25° C.




TABLE II - Conoluded. RESULTS
(£) Relative hunidity effects. SHAA
Dy Altitude,t%F,,r My | ¥ | M Vs Rep o ty, s Qo A, Uy + Vo Q,
wiorons £t c rt/se0 ¢ g/8ea fraotional | ft/sec | fractional
masa/seo masa /It
15 10,000 -2‘57 0.756 0.083 68.85 22.32 | 0.9 -4.00 11.37‘:10-9 6.85 68.83 95.77“10-5
1.00 -5.86 | 11.b6 6.63 94.8
.28 27.31 87.85 ) -2.08 | 21.2 12.0 273.1 45.8
1.00 ~1.86 | 20.8 11.8 43.2
.76 a1e.5 245.9 .9 12.77 | 71.4 410.4 818.5 48.3
1.00 12.87 | 70.9 40.1 48,8
.26( 0 0 0 .9 -8.12 5.10 2.88 271.5 10.8
1.00 -5.98 4.98 2.82 10.4
.063 60.40 21.74 .9 -8.26 9.66 35.46 338.8 18.1
1.00| -8.11 9.4% 5.34 16.7
.25 271.5 855.0 .9 -4.36| 17.5 2.81 543.0 16.3
1.00| -4.21 ]| 17.2 2.75 17.9
.75 814.7 259.0 .g 10.40 | 63.2 35.8 1088 32.9
1.00 10.62 | 62.7 55.5 32.7
501 0 0 0 -8 -15.27 1 2.8B 1.50 B33.1 2,82
1.00 | -13,11 2.52 1.43 2.60
063 87.18 20.03 .8 ~13.30 4.98 2.81 600.3 4.60
e 1.00 | -13.1% 4.71 2.87 4,44
.25 266.5 78.83 .9 -11.30 g.21 5.21 788.5 6.52
1.00| -11.14 8.83 5.00 6.25
.75 798.8 220.2 .9 3.57 | 42.2 25.8 1353 17.9
1.00 5.70 | 41.8 25.6 17.7
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TABLE ITTX.

- AMBIENT CONDITICONS OF CALCULATIONS

[Pressures from Signal Corp. RACB chart (ML-248)
for particular temperatures and altitudes:]

Altitude, [Flight air (;temperature, Air pressure
e c dyne cm 2| atm

3,000 -30 8.925%10° |0.8808
25 8.94 .8823

20 8.96 .8843

-15 8.98 .8863

-10 8.995 .8877

-5 9.015 .8897

6,000 -30 7.89 0.7787
-25 7.92 .7816

-20 7.955 .7851

-15 7.995 . 7890

-10 8.025 .7920

-5 8.06 .7955

10, 000 -30 6.70 0.6612
25 6.75 .6662

-20 6.80 L6711

-15 6.85 .6760

-10 6.905 .6815

-5 6.97 .6879+

15,000 30 5.54 0.5468
-25 5.60 .5528

-20 5.66 .5586

-15 5.72 .5645

-10 5.79 .5714

-5 5.86 .5783

22,500 30 4.185 0.4130
-25 4.265 .4209

-20 4.345 .4288

-15 4.42 .4362

-10 4.50 L4441

-5 4.59 .4530

30,000 ~30 3.26 0.3217
_25 3.35 3306

20 3.44 .3395

-15 3.53 .3484

-10 3.625 .3578

-5 3.725 .3676

41
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Fraction of mass loss per foot of droplet travel
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Figure 2. - Variation of mass loss rate with flight Hach number.

-25° C; droplet diamster, 15 microns.
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Fraction of mass lost per foot of droplet travel
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Figure 3. - Variation of mass loss rate with relative air-obstacle Mach number.
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Fraction of mass lost per foot of droplet travel
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Figure 4. - Variation of mass loss rate with relative air-droplet Mach number.
Altitude, 10,000 feet; ambient temperature, 25° ¢; droplet dlameter,
15 microns.
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Fraotion of mass lost per foot of droplet travel
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Figure 4. - Concluded. Variation of mass loss rate with
relative alr-droplet Mach mumber. Altitude, 10,000 feet;
ambient temperature, 25° C; droplet dlameter, 15 microns.
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Fraction of mass lost per foot of travel
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Figure 5. - Variation of mass-lo08s rate with droplet diameter.
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Praction of mass lost per foot of travel
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Figure 5. - Contirmed. Variation of mass-loss rate with droplet diameter. Altitude, 10,000 feet;
ambient temperature, 15° C; flight Mach number, 0.75.
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Fraction of mass lost per foot of droplet travel
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Fraction of mass lost per foot of droplet travel

Total fraction of mass lost at indicated dlstance
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Figure 9. - Limiting mass losses from droplets Iimplnging on circular cylinders.
Altitude, 10,000 feet; embient temperature, -25° C; droplet diameter, 15 microns;
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